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$0$ . . $E$ Hilbert
$H$ $K(x, y)$ positive matrix . $E$
$\{x_{j}\}_{j=1}^{n}$ $\{\alpha_{j}\}_{j=1}^{n}$
$\sum_{j=1k1}^{n}\sum_{=}^{n}\alpha j\overline{\alpha k}K(x_{ky_{j}}))\geqq 0$
. $E$ positive matrix $K(x, y)$ )
$K(x, y)$ Hilbert $H_{k}$ – .
$([\mathrm{S}])$ . Hilbert
1 1 .
$\mathrm{L}$ ( $\mathrm{L}$ ) )
. $\mathrm{L}$
? . weighted Bergman
$\mathrm{L}$ . $\mathrm{L}$
? $\rfloor_{)}$ $\mathrm{L}$ ? $\rfloor_{)}$ $\mathrm{L}$
?
. 2 $\mathrm{L}$ , Garabedian $L(z, t)$
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1. . $D$ $P$
) $\partial D$ $P$ Jordan $D$
, $\lambda(z)$ $\partial D$ , $A(D)$ $D$
)
.
$H_{2}(D)$ $D$ Hardy ) $H_{\lambda}^{2}(\partial D)$ $||\cdot||_{\lambda}$
weighted Szeg6
$||f||_{\lambda}= \{\int_{\partial D}|f(_{Z)|^{2}}\lambda(Z)|dz|\}^{1/}2<\infty, f\in H_{\lambda}^{2}(\partial D)$ .
$f(z)$ Fatou nontangential .
$H_{\lambda}^{2}(\partial D)$ weighted Szeg6 $K_{\lambda}(z, \overline{t})$ weighted Garabe-
dian $L_{\lambda}(z, t.)$ – $([\mathrm{N}])$ . $K_{\lambda}(z, \overline{t})$ $(z, t)\in$
$D\cross D$ $(z, \overline{t})$ , $H_{\lambda}^{2}(\partial D)$
$f(z)$
$\int_{\partial D}f(Z)\overline{K_{\lambda}(z,\overline{t})}\lambda(z)|dz|=f(t),$ $f\in H_{\lambda}^{2}(\partial D)$ .
$L_{\lambda}(z, t)$ $(z, t)\in D\cross D$
, $z=t$ $1/2\pi$ 1 – ) $H_{\lambda}^{2}(\partial D)$
97
$f(z)$
$\int_{\partial D}f(z)\overline{L_{\lambda}(z,t)}\frac{1}{\lambda(z)}|dz|=0,$ $f\in H_{\lambda}^{2}(\partial D)$ .
2 $K_{\lambda}(z, \overline{t})$ $L_{\lambda}(z, t)$ $t\in D$ $z$
$\partial D$ ,
$\overline{K_{\lambda}(z,\overline{t})}\lambda(z)|dz|=\frac{1}{i}L_{\lambda}(z, t)d_{Z},$ $z\in\partial D,$ $t\in D$ .




\mbox{\boldmath $\lambda$} $(z)$ $= \frac{1}{2\pi}/\frac{\partial G(Z,\zeta)}{\partial n}$ .
$G(z, \zeta)$ $\zeta$ Laplace Green
) $D$ .
$D\cross D$ $(z, t)$ $F_{\lambda}(z, t)$
$F_{\lambda}^{mn}(z, t)= \frac{\partial^{m+n}F_{\lambda()}Zt)}{\partial z^{m}\partial t^{n}},$ $F_{\lambda}n]([Z, t)=F0_{n}(\lambda Z, t)$ .
$n=0,$ $\lambda=1$ $[0])1$ .
2 $K_{\lambda}^{[n]}(z, \overline{t})$ $L_{\lambda}^{[n]}(Z, t)$
$\overline{K_{\lambda}^{[n]}(z,\overline{t})}\lambda(z)|dz|=\frac{1}{i}L_{\lambda}^{[n]}(z, t)d_{Z,Z}\in\partial D,$ $t\in D$ .
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.$1([.\mathrm{U}])$ . $Z$ 2 $.K_{\lambda}^{[n]}.(z, \overline{t})$ $L_{\lambda}^{[n]}.\cdot(Z, t)$
$D$ $n+p-1$ .
3 $([\mathrm{U}])$ .
1. $D$ $D$ $\partial D$
$P(z)$ $\partial D$ $|P(z)|^{2}=\lambda(z)$ , $\lambda(z)$
$W_{0}$ . $\sigma(z)=1/\lambda(z),$ $Q(z)=1/P(z)$
.
2. $\lambda(z)$ $W_{0}$ ) $P(z)$ $D$
$a$ $P(a)\neq 0,$ $P’(a)=\cdots=P^{(n)}(a)=0$
, $\lambda(z)$ $W_{n}(n\geqq 1)$ .
3. $D\cross D$ $F(z, t)$ $F(a, t)=$
$0$ $t\in D$ $z=a$
) $z=a$ $F(z, t)$ – .
1,2 $([\mathrm{N}],[\mathrm{U}])$ .
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2. (1) $D$ $\lambda(z)$ $W_{0}$ .
(2) $\lambda(z)$ $W_{0}$ .
$K_{\lambda}(z, \overline{t})=Q(z)\overline{Q(t)}K(z, \overline{t}),$ $L_{\lambda}(z, t)=P(z)Q(t)L(\mathcal{Z}, t)$ .
(3) $\lambda(z)$ $W_{n}$ .
$K_{\lambda}^{[n]}(z, \overline{a})=Q(z)\overline{Q(a)}K^{[n]}(z, \overline{a}),$ $L_{\lambda}^{[n]}(Z, a)=P(z)Q(a)L[n](Z, a)$ .
$f(z)$ $D$ $U$ Riemann
, $D$ Szeg6 $K(z, \overline{t}))$ Garabedian
$L(z, t)$ $([\mathrm{B}])$
$K(Z, \overline{t})=\frac{\sqrt{f’(z)}\sqrt{\overline{f’(t)}}}{2\pi(1-f(_{Z)f}\overline{(t)}\mathrm{I}},$ $L(z, t)= \frac{\sqrt{f’(z)}\sqrt{f’(t)}}{2\pi(f(_{Z})-f(t))}$ .
$([\mathrm{U}])$ .
?ffi 3. $D$ .
$K^{[1]}(z, \overline{t})=K(z, \overline{t})R(z, \overline{t}),$ $R^{[1]}(z, \overline{t})=R(z, \overline{t})^{2}+\frac{1}{2}\overline{\{f,t\}}$ ,
$\{\frac{K(z,\overline{t})}{K(a,\overline{t})}1^{[1]}=\frac{K(z,\overline{t})}{K(a,\overline{t})}(R(Z, \overline{t})-R(a, \overline{t}))=2\pi\frac{K(z,\overline{t})^{2}}{L(z,a)}$ .
$R(z, \overline{t})=\frac{1}{2}(\overline{\frac{f’’(t)}{\overline{f’(t)}}})+\frac{f(z)\overline{f’(t)}}{1-f(z)\overline{f(t)}},$ $\{f, t\}=\frac{f’’’(t)}{f’(t)}-\frac{3}{2}(\frac{f’’(t)}{f’(t)})^{2}$
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. ( $\{f,$ $t\}$ $f(t)$ Schwarz ).
2. $\cdot$ Nehari . 1 .
1. $z$ $L_{\lambda}^{[n]}(Z, t)$ $D$
$\mathrm{w}\mathrm{e}\mathrm{i}\mathrm{g}\mathrm{h}\mathrm{t}\lambda(z)$ .








$B(D)=\{f(z)\in A(D) : f(a)=0, a\in D, |f(Z)|\leqq 1, z\in D\}$
) $B(D)$ ${\rm Re} f’(a)$ $f(z)$
) – $F(z)=K(z, \overline{a})/L(z, a)$
Ahlfors . $F’(a)=2\pi K(a, \overline{a})$
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. $n=0$ Nehari
$\hat{B}(D)=\{f(z)\in A(D) : f’(a)=0, a\in D, |f(Z)|\leqq\sigma(z), z\in\partial D\}$
, $\hat{B}(D)$ ${\rm Re} f’(a)$ $f(z)$
) – $\hat{F}(z)=K_{\lambda}(z, \overline{a})/L_{\lambda}(z, a)$
$\hat{F}’(a)=2\pi K_{\lambda}(a, \overline{a})$ .




1. $z$ $L^{[n]}(z, a)$ –D
, $L_{\lambda}^{[n]}(Z, a)$ –D
, $L_{\lambda}^{[n]}(Z, a)=L_{\mu}^{[n]}(z, a)$ $\mu(z)$ $W_{n}$
.
. 3
. $W_{n}$ weight $\mu(z)$
$P(Z)= \frac{L_{\lambda}^{[n]}(_{Z},a)}{L^{[n]}(_{Z,a})},$ $z\in D,$ $|P(z)|^{2}=\mu(z),$ $z\in\partial D$ .
2 $K_{\lambda}^{[n]}(z$ , $L_{\lambda}^{[n]}(Z, a)$
102
, $H_{\lambda}^{2}(\partial D)$ $f(z)$
$\int_{\partial D\partial D}f(z)\overline{L_{\lambda}^{[}n](Z,a)}\frac{1}{\mu(z)}|dZ|=\frac{1}{i}\int f(z)K_{\lambda}[n](Z,\overline{a})\frac{L^{[n]}(_{Z},a)}{L_{\mu}^{[n]}(_{Z},a)}dz=0$.
$L_{\mu}^{[n]}(z, a)$
$\int_{\partial D}f(z)\overline{\{L\lambda[n](z,a)-L_{\mu}[n](Z,a)\}}\frac{1}{\mu(z)}|d_{Z}|=0$
. $f(z)=L_{\lambda}^{[n]}(Z, a)-L_{\mu}^{[n]}(z, a)$ $\overline{D}$
$L_{\lambda}^{[n]}(z, a)=L_{\mu}[n](z, a)$ . 1
.
([U-S]). $L_{\lambda}(z, t)$ $\overline{D}$
) $W_{0}$ $\mu(z)$ $L_{\lambda}(z, t)=L_{\mu}(z, t)$
.
1 Nehari weight $\lambda(z)$ $W_{n}$
.
.
2. $L^{[n]}(z, a)$ .
– Ahlfors –
.
$B_{n}(D)=\{f(_{Z})\in B(D) : f(a)\neq 0, f’(a)=\cdots=f(n)(a)=0, a\in D\}$
103
$B_{n}(D)$ ${\rm Re} f^{(+}2n1$ ) $(a)$ $f(z)$
, $F_{n}(z)=K^{[n]}(z, \overline{a})/L^{[n]}(z, a)$




$\hat{B}_{n}(D)=\{f(z)\in\hat{B}(D) : f(a)\neq 0, f’(a)=\cdot\cdot\cdot:=f^{(n)}(a)=0, a\in D\}$
, $\hat{B}_{n}(D)$ ${\rm Re} f^{(2n+1)}(a)$ $f(z)$
, $\hat{F}_{n}(z)=K_{\lambda}^{[n]}(z, \overline{a})/L_{\lambda}^{[n]}(Z, a)$
$\hat{F}_{n}^{(1}2n+$ ) $(a)=2 \pi\frac{(2n+1)!}{(n!)^{2}}K_{\lambda}^{nn}(a, \overline{a})$
.
3. $\lambda(z)$ . 2
. $D$ $K_{\lambda}^{[1]}(z, \overline{t})$ $z=a$
– ) $\lambda(z)$
$P(z)=cK(z, \overline{a})$ ( $c$ )
. – .
4. $D$ $K_{\lambda}^{[n]}(z, \overline{t})(n>=2)$ $D$





$= \frac{n!}{P(z)}\frac{K(z,\overline{t})}{K(a_{1},\overline{t})}\prod_{k=1}^{n}-1\{R(z, \overline{t})-R(a_{k}, \overline{t})\}$
$\cross$ $[ \{R(z, \overline{t})+\sum_{=\iota 2}^{-1}R(a\iota, \overline{t})\mathrm{I}n,)H_{n-}1(a1\overline{t})+H_{n}^{[]]}1-1(a1,$$\overline{t}$ .
$H_{n-1}(a_{1}, \overline{t})$ $D$ $n-1$ $\overline{t}$
. $n=2$ $\sum_{l=2}^{n-1}R(a_{l}, \overline{t})=0$ .
$n$
.
2. $D$ $K_{\lambda}^{[n]}(z, \overline{t})(n=>2)$ $D$
$n$ – $z=a_{k}(k=1, \cdots, n)$ (
$L_{\lambda}^{[n]}(Z, t)$ $D$ ) , $\lambda(z)$
$P(z)$ $n$ $\mathrm{S}\mathrm{z}\mathrm{e}\mathrm{g}\acute{\acute{\mathrm{O}}}$
$P(z)=c_{n}k=1\Pi nK(z, \overline{a_{k}}),$ $a_{k}\in D(k=1, \cdots, n)$ .
$c_{n}$ $n$ .
. $K_{\lambda}^{[n]}(z, \overline{t})$ $z=a_{1}$ – , 2
(2) $\overline{P(t)}=K(a_{1}, \overline{t})/H_{n-1}(a_{1}, \overline{t})$ . 4
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$K_{\lambda}^{[n]}(z, \overline{t})$ $K_{\lambda}^{[n]}(a_{n}, \overline{t})=0$
$\sum_{l=2}^{n}R(a\iota, \overline{t})H_{n}-1(a_{1},\overline{t})+H_{n-1}^{[1]}(a_{1}, \overline{t})=0$
. $\overline{t}$
$\prod_{l=2}^{n}\frac{\sqrt{\overline{f’(t)}}}{1-f(a_{l})\overline{f(t)}}=\frac{\overline{C}}{H_{n-1}(a_{1_{)}}\overline{t})}i.e.$ , $c_{n} \prod_{\iota=2}^{n}K(t, \overline{a_{l}})=_{\frac{\underline{1}}{H_{n-1}(a_{1},\overline{t})}}$ .
$c$ $c_{n}$ . $t$ $z$
) $P(z)$ $n$ Szeg6
.
. $D$ , $K_{\lambda}^{[n]}$ $(z, \overline{t})(n\geqq 1)$ $D$
$n$ – $z=a_{k}(k=1, \cdots, n)$
, $\lambda(z)$ $P(z)$ $n$ $\mathrm{S}\mathrm{z}\mathrm{e}\mathrm{g}_{\acute{\acute{\mathrm{O}}}}$
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